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We use data from the Head Start Impact Study (HSIS) to evaluate the cost-
effectiveness of Head Start, the largest early childhood education program in
the United States. Head Start draws roughly a third of its participants from
competing preschool programs, many of which receive public funds. We show
that accounting for the fiscal impacts of such program substitution pushes
estimates of Head Start’s benefit-cost ratio well above one under a wide
range of assumptions on the structure of the market for preschool services
and the dollar value of test score gains. To parse the program’s test score im-
pacts relative to home care and competing preschools, we selection-correct test
scores in each care environment using excluded interactions between experi-
mental assignments and household characteristics. We find that Head Start
generates larger test score gains for children who would not otherwise attend
preschool and for children who are less likely to participate in the program.
JEL Codes: I20, J24, H52, C30.

I. Introduction

Many government programs provide services that can be ob-
tained in roughly comparable form via markets or through other
public organizations. The presence of close program substitutes com-
plicates the task of program evaluation by generating ambiguity re-
garding which causal estimands are of interest. Standard intent-to-
treat impacts from experimental demonstrations can yield unduly
negative assessments of program effectiveness if most participants
would receive similar services in the absence of an intervention
(Heckman et al. 2000). On the other hand, experiments that artifi-
cially restrict substitution alternatives may yield impacts that are
not representative of the costs and benefits of actual policy changes.
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This article assesses the cost-effectiveness of Head Start—a
prominent public education program for which close public and
private substitutes are widely available. Head Start is the largest
early childhood education program in the United States.
Launched in 1965 as part of President Lyndon Johnson’s war
on poverty, the program has evolved from an eight-week
summer program into a year-round program that offers educa-
tion, health, and nutrition services to disadvantaged children and
their families. By 2013, Head Start enrolled about 900,000 three-
and four-year-old children at a cost of $7.6 billion (U.S. DHHS
2013).

Views on the effectiveness of Head Start vary widely (Ludwig
and Phillips 2007 and Gibbs, Ludwig, and Miller 2011 provide
reviews). A number of observational studies find substantial
short- and long-run impacts on test scores and other outcomes
(Currie and Thomas 1995; Garces, Thomas, and Currie 2002;
Ludwig and Miller 2007; Deming 2009; Carneiro and Ginja
2014). By contrast, a recent randomized evaluation—the Head
Start Impact Study (HSIS)—finds small impacts on test scores
that fade out quickly (Puma et al. 2010; Puma, Bell, and Heid
2012). These results have generally been interpreted as evidence
that Head Start is ineffective and in need of reform (Barnett 2011;
Klein 2011).

Two observations suggest that such conclusions are prema-
ture. First, research on early childhood interventions finds long-
run gains in adult outcomes despite short-run fade-out of test
score impacts (Heckman et al. 2010; Heckman, Pinto, and
Savelyev 2013; Chetty et al. 2011; Chetty, Friedman, and
Rockoff 2014b). Second, roughly one third of the HSIS control
group participated in alternate forms of preschool. This suggests
that the HSIS may have shifted many students between different
sorts of preschools without altering their exposure to preschool
services. The aim of this article is to clarify how the presence of
substitute preschools affects the interpretation of the HSIS re-
sults and the cost-effectiveness of the Head Start program.

Our study begins by revisiting the experimental impacts of
the HSIS on student test scores. We replicate the fade-out pattern
found in previous work but find that adjusting for experimental
non compliance leads to imprecise estimates of the effect of Head
Start participation beyond the first year of the experiment. As a
result, the conclusion of complete effect fade-out is less clear than
naive intent-to-treat estimates suggest. Turning to substitution

QUARTERLY JOURNAL OF ECONOMICS1796 D
o
w

n
lo

a
d
e
d
 fro

m
 h

ttp
s
://a

c
a
d
e
m

ic
.o

u
p
.c

o
m

/q
je

/a
rtic

le
/1

3
1
/4

/1
7
9
5
/2

4
6
8
8
7
7
 b

y
 U

n
iv

e
rs

ity
 o

f N
o
rth

 C
a
ro

lin
a
 a

t C
h
a
p
e
l H

ill u
s
e
r o

n
 3

1
 J

a
n
u
a
ry

 2
0
2
2



patterns, we find that roughly one third of Head Start ‘‘compliers’’
(Angrist, Imbens, and Rubin 1996) in the HSIS experiment would
have participated in other forms of preschool had they not been
lotteried into the program. These alternative preschools draw
heavily on public funding, which mitigates the net costs to gov-
ernment of shifting children from other preschools into Head
Start.

These facts motivate a theoretical analysis clarifying which
parameters are (and are not) policy relevant when publicly sub-
sidized program substitutes are present. We work with a stylized
model where test score impacts are valued according to their
effects on children’s after-tax lifetime earnings. We show that
when competing preschool programs are not rationed, the
policy-relevant causal parameter governing the benefits of Head
Start expansion is an average effect of Head Start participation
relative to the next best alternative, regardless of whether that
alternative is a competing program or home care. This parameter
coincides with the local average treatment effect (LATE) identi-
fied by a randomized experiment with imperfect compliance when
the experiment contains a representative sample of program com-
pliers. Hence, imperfect compliance and program substitution,
often thought to be confounding limitations of social experiments,
turn out to be virtues when the substitution patterns in the ex-
periment replicate those found in the broader population.

We use this result to derive an estimable benefit-cost ratio
associated with Head Start expansions. This ratio scales Head
Start’s projected impacts on the after-tax earnings of children
by its net costs to government inclusive of fiscal externalities.
Chief among these externalities is the cost savings that arise
whenHead Start draws children away from competing subsidized
preschool programs. Although such effects are typically ignored
in cost-benefit analyses of Head Start and other similar programs
(e.g., CEA 2015), we find via a calibration exercise that such omis-
sions can be quantitatively important: Head Start roughly breaks
even when the cost savings associated with program substitution
are ignored, but yields benefits nearly twice as large as costs
when these savings are incorporated. This appears to be a
robust finding—after accounting for fiscal externalities, Head
Start’s benefits exceed its costs whenever short-run test score
impacts yield earnings gains within the range found in the
recent literature.
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A limitation of our baseline analysis is that it assumes
changes in program scale do not alter the mix of program compli-
ers. To address this issue, we also consider ‘‘structural reforms’’ to
Head Start that change the mix of compliers without affecting
test score outcomes. Examples of such reforms might include in-
creased transportation services, marketing efforts, or spending
on program features that parents value. Households who respond
to structural reforms may differ from experimental compliers on
unobserved dimensions, including their mix of counterfactual
program choices. Assessing these reforms therefore requires
knowledge of parameters not directly identified by the HSIS ex-
periment. Specifically, we show that such reforms require identi-
fication of a variant of the marginal treatment effect (MTE)
concept of Heckman and Vytlacil (1999).

To assess reforms that attract new children, we develop a
selection model that parameterizes variation in treatment effects
with respect to counterfactual care alternatives as well as ob-
served and unobserved child characteristics. We prove that the
model parameters are identified and propose a two-step control
function estimator that exploits heterogeneity in the response to
Head Start offers across sites and demographic groups to infer
relationships between unobserved factors driving preschool en-
rollment and potential outcomes. The estimator is shown to pass
a variety of specification tests and accurately reproduce patterns
of treatment effect heterogeneity found in the experiment. The
model estimates indicate that Head Start has large positive
short-run effects on the test scores of children who would have
otherwise been cared for at home and insignificant effects on chil-
dren who would otherwise attend other preschools—a finding cor-
roborated by Feller et al. (forthcoming), who reach similar
conclusions using principal stratification methods (Frangakis
and Rubin 2002). Our estimates also reveal a ‘‘reverse Roy’’ pat-
tern of selection whereby children with unobserved characteris-
tics that make them less likely to enroll in Head Start experience
larger test score gains.

We conclude with an assessment of prospects for increasing
Head Start’s rate of return via outreach to new populations. Our
estimates suggest that expansions of Head Start could boost the
program’s rate of return provided that the proposed technology
for increasing enrollment (e.g., improved transportation services)
is not too costly. We also use our estimated selection model to
examine the robustness of our results to rationing of competing
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preschools. Rationing implies that competing subsidized pre-
schools do not contract when Head Start expands, which shuts
down a form of public savings. On the other hand, expanding
Head Start generates opportunities for new children to fill va-
cated seats in substitute programs. Our estimates indicate that
the effect on test scores (and therefore earnings) of moving chil-
dren from home care to competing preschools is substantial, lead-
ing us to conclude that rationing is in fact likely to increase the
favorable estimated rates of return found in our baseline
analysis.

The rest of the article is structured as follows. Section II pro-
vides background on Head Start. Section III describes the HSIS
data and basic experimental impacts. Section IV presents evi-
dence on substitution patterns. Section V introduces a theoretical
framework for assessing public programs with close substitutes.
Section VI provides a cost-benefit analysis of Head Start. Section
VII develops our econometric selection model and discusses iden-
tification and estimation. Section VIII reports estimates of the
model. Section IX simulates the effects of structural program re-
forms. Section X concludes.

II. Background on Head Start

Head Start provides preschool for disadvantaged children in
the United States. The program is funded by federal grants
awarded to local public or private organizations. Grantees are
required to match at least 20% of their Head Start awards from
other sources and must meet a set of program-wide performance
criteria. Eligibility for Head Start is generally limited to children
from households below the federal poverty line, though families
above this threshold may be eligible if they meet other criteria,
such as participation in the Temporary Aid for Needy Families
(TANF) program. Up to 10% of a Head Start center’s enrollment
can also come from higher-income families. The program is free:
Head Start grantees are prohibited from charging families fees
for services (U.S. DHHS 2014). It is also oversubscribed: in 2002,
85% of Head Start participants attended programs with more
applicants than available seats (Puma et al. 2010).

Head Start is not the only form of subsidized preschool avail-
able to poor families. Preschool participation rates for disadvan-
taged children have risen over time as cities and states expanded
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their public preschool offerings (Cascio and Schanzenbach 2013).
Moreover, the Child Care Development Fund program provides
block grants that finance childcare subsidies for low-income fam-
ilies, often in the form of child care vouchers that can be used for
center-based preschool (U.S. DHHS 2012). Most states also use
TANF funds to finance additional child care subsidies
(Schumacher, Greenberg, and Duffy 2001). Because Head Start
services are provided by local organizations who themselves must
raise outside funds, it is unclear to what extent Head Start and
other public preschool programs actually differ in their education
technology.

A large nonexperimental literature suggests that Head Start
produced large short- and long-run benefits for early cohorts of
program participants. Several studies estimate the effects of
Head Start by comparing program participants to their nonpar-
ticipant siblings (Currie and Thomas 1995; Garces, Thomas, and
Currie 2002; Deming 2009). Results from this research design
show positive short-run effects on test scores and long-run effects
on educational attainment, earnings, and crime. Other studies
exploit discontinuities in Head Start program rules to infer pro-
gram effects (Ludwig and Miller 2007; Carneiro and Ginja 2014).
These studies show longer run improvements in health outcomes
and criminal activity.

In contrast to these nonexperimental estimates, results from
a recent randomized controlled trial reveal smaller, less persis-
tent effects. The 1998 Head Start reauthorization bill included a
congressional mandate to determine the effects of the program.
This mandate resulted in the HSIS: an experiment in which more
than 4,000 applicants were randomly assigned via lottery to
either a treatment group with access to Head Start or a control
group without access in fall 2002. The experimental results
showed that a Head Start offer increased measures of cognitive
achievement by roughly 0.1 standard deviations during pre-
school, but these gains faded out by kindergarten. Moreover,
the experiment showed little evidence of effects on noncognitive
or health outcomes (Puma et al. 2010; Puma, Bell, and Heid
2012). These results suggest both smaller short-run effects and
faster fade-out than nonexperimental estimates for earlier co-
horts. Scholars and policy makers have generally interpreted
the HSIS results as evidence that Head Start is ineffective and
in need of reform (Barnett 2011). The experimental results have
also been cited in the popular media to motivate calls for dramatic
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restructuring or elimination of the program (Klein 2011; Stossel
2014).1

Differences between the HSIS results and the nonexperi-
mental literature could be due to changes in program effective-
ness over time or to selection bias in nonexperimental sibling
comparisons. Another explanation, however, is that these two
research designs identify different parameters. Most nonexperi-
mental analyses have focused on recovering the effect of Head
Start relative to home care. In contrast, the HSIS measures the
effect of Head Start relative to a mix of alternative care environ-
ments, including other preschools.

III. Data and Experimental Impacts

Before turning to an analysis of program substitution issues,
we describe the HSIS data and report experimental impacts on
test scores and program compliance.

III.A. Data

Our core analysis sample includes 3,571 HSIS applicants
with nonmissing baseline characteristics and spring 2003 test
scores. Online Appendix A describes construction of this sample.
The outcome of interest is a summary index of cognitive test
scores that averages Woodcock Johnson III (WJIII) test scores
with Peabody Picture and Vocabulary Test (PPVT) scores, with
each test normed to have mean 0 and variance 1 in the control
group by cohort and year. We useWJIII and PPVT scores because
these are among themost reliable tests in the HSIS data; both are
available in each year of the experiment, allowing us to produce
comparable estimates over time.

1. Subsequent analyses of the HSIS data suggest caveats to this negative in-
terpretation but do not overturn the finding of modest mean test score impacts
accompanied by rapid fade-out. Gelber and Isen (2013) find persistent effects on
parental engagement with children. Bitler, Domina, andHoynes (2014) find larger
experimental impacts at low quantiles of the test score distribution. These quantile
treatment effects fade outbyfirst grade, though there is someevidence of persistent
effects at the bottom of the distribution for Spanish speakers. Walters (2015) finds
evidence of substantial heterogeneity in impacts across experimental sites and in-
vestigates the relationship between thisheterogeneity and observedprogramchar-
acteristics. Walters finds smaller effects for Head Start centers that draw more
children from other preschools rather than home care, a finding we explore in
more detail here.
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Table I provides summary statistics for our analysis sample.
The HSIS experiment included two age cohorts: 55% of applicants
were randomized at age three and could attend Head Start for up
to two years, while the remaining 45%were randomized at age four
and could attend for up to one year. The demographic information
in Table I shows that the Head Start population is disadvantaged.
Less than half of Head Start applicants live in two-parent house-
holds, and the average applicant’s household earns about 90% of
the federal poverty line. Column (2) of Table I compares these and
other baseline characteristics for the HSIS treatment and control
groups to check balance in randomization. The results here indi-
cate that randomization was successful: baseline characteristics
were similar for offered and non offered applicants.2

Columns (3) through (5) of Table I report summary statistics
for children attending Head Start, other preschool centers, and
no preschool.3 Children in other preschools tend to be less disad-
vantaged than children in Head Start or no preschool, though
most differences between these groups are modest. The other
preschool group has a lower share of high school dropout mothers,
a higher share of mothers who attended college, and higher av-
erage household income than the Head Start and no preschool
groups. Children in other preschools outscore the other groups by
about 0.1 standard deviations on a baseline summary index of
cognitive skills. The other preschool group also includes a rela-
tively large share of four-year-olds, likely reflecting the fact that
alternative preschool options are more widely available for four-
year-olds (Cascio and Schanzenbach 2013).

III.B. Experimental Impacts

Table II reports experimental impacts on test scores.
Columns (1), (4), and (7) report intent-to-treat impacts of the

2. Random assignment in the HSIS occurred at the Head Start center level,
and offer probabilities differed across centers. We weight all models by the inverse
probability of a child’s assignment, calculated as the site-specific fraction of chil-
dren assigned to the treatment group.

3. Preschool attendance is measured from the HSIS ‘‘focal arrangement type’’
variable, which combines information from parent interviews and teacher/care
provider interviews to construct a summary measure of the childcare setting. See
Online Appendix A for details.
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Head Start offer, separately by year and age cohort. To increase
precision, we regression-adjust these treatment/control differ-
ences using the baseline characteristics in Table I.4 The
intent-to-treat estimates mirror those previously reported in
the literature (e.g., Puma et al. 2010). In the first year of the
experiment, children offered Head Start scored higher on the
summary index. For example, three-year-olds offered Head
Start gained 0.19 standard deviations in test score outcomes
relative to those denied Head Start. The corresponding effect
for four-year-olds is 0.14 standard deviations. However, these
gains diminish rapidly: the pooled impact falls to a statistically
insignificant 0.02 standard deviations by year 3. Our data in-
clude a fourth year of follow-up for the three-year-old cohort.
Here, too, the intent-to-treat is small and statistically insignif-
icant (0.038 standard deviations).

Interpretation of these intent-to-treat impacts is clouded by
noncompliance with random assignment. Columns (2), (5), and
(8) of Table II report first-stage effects of assignment to Head
Start on the probability of participating in Head Start, and col-
umns (3), (6), and (9) report instrumental variables (IV) esti-
mates, which scale the intent-to-treat estimates by the first-
stage estimates.5 These estimates can be interpreted as local av-
erage treatment effects (LATEs) for ‘‘compliers’’—children who
respond to the Head Start offer by enrolling in Head Start.
Assignment to Head Start increases the probability of participa-
tion by two thirds in the first year after random assignment. The

4. The control vector includes sex, race, assignment cohort, teen mother,
mother’s education, mother’s marital status, presence of both parents, an only
child dummy, a Spanish language indicator, dummies for quartiles of family
income and missing income, urban status, an indicator for whether the Head
Start center provides transportation, an index of Head Start center quality, and a
third-order polynomial in baseline test scores.

5. Here we define Head Start participation as enrollment at any time prior to
the test. This definition includes attendance at Head Start centers outside the ex-
perimental sample. An experimental offer may cause some children to switch from
an out-of-sample center to an experimental center; if the quality of these centers
differs, the exclusion restriction required for our IV approach is violated. Online
Appendix Table A.I compares characteristics of centers attended by children in the
control group (always takers) to those of the experimental centers to which these
children applied. These two groups of centers are very similar, suggesting that
substitution between Head Start centers is unlikely to bias our estimates.
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corresponding IV estimate implies that Head Start attendance
boosts first-year test scores by 0.247 standard deviations.

Compliance for the three-year-old cohort falls after the first
year as members of the control group reapply for Head Start,
resulting in larger standard errors for estimates in later years
of the experiment. The first stage for three-year-olds falls to 0.36
in the second year, whereas the intent-to-treat falls roughly in
proportion, generating a second-year IV estimate of 0.245 for this
cohort. Estimates in years 3 and 4 are statistically insignificant
and imprecise. The fourth-year estimate for the three-year-old
cohort (corresponding to first grade) is 0.110 standard deviations,
with a standard error of 0.098. The corresponding first grade es-
timate for four-year-olds is 0.081 with a standard error of 0.060.
Notably, the 95% confidence intervals for first-grade impacts in-
clude effects as large as 0.2 standard deviations for four-year-olds
and 0.3 standard deviations for three-year-olds. These results
show that although the longer run estimates are insignificant,
they are also imprecise due to experimental noncompliance.
Evidence for fade-out is therefore less definitive than the naive
intent-to-treat estimates suggest. This observation helps to rec-
oncile the HSIS results with observational studies based on sib-
ling comparisons, which show effects that partially fade out but
are still detectable in elementary school (Currie and Thomas
1995; Deming 2009).6

IV. Program Substitution

We turn now to documenting program substitution in the
HSIS and how it influences our results. It is helpful to develop
some notation to describe the role of alternative care environ-
ments. Each Head Start applicant participates in one of three pos-
sible treatments: Head Start, which we label h; other center-based

6. One might also be interested in the effects of Head Start on noncognitive
outcomes, which appear to be important mediators of the effects of early childhood
programs in other contexts (Chetty et al. 2011; Heckman, Pinto, and Savelyev
2013). The HSIS includes short-run parent-reported measures of behavior and
teacher-reported measures of teacher–student relationships, and Head Start ap-
pears to have no impact on these outcomes (Puma et al. 2010; Walters 2015). The
HSIS noncognitive outcomes differ significantly from those analyzed in previous
studies, however, and it is unclear whether they capture the same skills.
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preschool programs, which we label c; and no preschool (i.e., home
care), which we label n. LetZi 2 f0;1g indicate whether household i

has a Head Start offer, and DiðzÞ 2 fh;c;ng denote household i’s
potential treatment status as a function of the offer. Then observed
treatment status can be written Di ¼ DiðZiÞ.

The structure of the HSIS leads to natural theoretical restric-
tions on substitution patterns. We expect a Head Start offer to
induce some children who would otherwise participate in c or n to
enroll in Head Start. By revealed preference, no child should
switch between c and n in response to a Head Start offer, and
no child should be induced by an offer to leave Head Start. These
restrictions can be expressed succinctly by the following
condition:

Dið1Þ 6¼ Dið0Þ ) Dið1Þ ¼ h;ð1Þ

which extends the monotonicity assumption of Imbens and
Angrist (1994) to a setting with multiple counterfactual treat-
ments. This restriction states that anyone who changes behav-
ior as a result of the Head Start offer does so to attend Head
Start.7

Under restriction (1), the population of Head Start applicants
can be partitioned into five groups defined by their values of Dið1Þ
and Dið0Þ:

(i) n-compliers: Dið1Þ ¼ h; Dið0Þ ¼ n,
(ii) c-compliers: Dið1Þ ¼ h; Dið0Þ ¼ c,
(iii) n-never takers: Dið1Þ ¼ Dið0Þ ¼ n,
(iv) c-never takers: Dið1Þ ¼ Dið0Þ ¼ c,
(v) always takers: Dið1Þ ¼ Dið0Þ ¼ h.

The n- and c-compliers switch to Head Start from home care and
competing preschools, respectively, when offered a seat. The two
groups of never takers choose not to attend Head Start regard-
less of the offer. Always takers manage to enroll in Head Start
even when denied an offer, presumably by applying to other
Head Start centers outside the HSIS sample.

Using this rubric, the group of children enrolled in alterna-
tive preschool programs is a mixture of c-never takers and c-com-
pliers denied Head Start offers. Similarly, the group of children in

7. See Engberg et al. (2014) for discussion of related restrictions in the context
of attrition from experimental data.
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home care includes n-never takers and n-compliers without
offers. The two complier subgroups switch into Head Start
when offered admission; as a result, the set of children enrolled
in Head Start is a mixture of always takers and the two groups of
offered compliers.

IV.A. Substitution Patterns

Table III presents empirical evidence on substitution pat-
terns by comparing program participation choices for offered
and nonoffered households. In the first year of the experiment
8.3% of households decline Head Start offers in favor of other
preschool centers; this is the share of c-never takers. Similarly,
column (3) shows that 9.5% of households are n-never takers. As
can be seen in column (4), 13.6% of households manage to attend
Head Start without an offer, which is the share of always takers.
The Head Start offer reduces the share of children in other cen-
ters from 31.5% to 8.3%, and reduces the share of children in
home care from 55% to 9.5%. This implies that 23.2% of house-
holds are c-compliers and 45.5% are n-compliers.

Notably, in the first year of the experiment, three-year-olds
have uniformly higher participation rates in Head Start and
lower participation rates in competing centers, which likely re-
flects the fact that many state-provided programs only accept
four-year-olds. In the second year of the experiment, participa-
tion in Head Start drops among children in the three-year-old
cohort with a program offer, suggesting that many families en-
rolled in the first year decided that Head Start was a bad match
for their child. We also see that Head Start enrollment rises
among those families that did not obtain an offer in the first
round, which reflects reapplication behavior.

IV.B. Interpreting IV

How do the substitution patterns displayed in Table III affect
the interpretation of the HSIS test score impacts? Let YiðdÞ

denote child i’s potential test score if he or she participates in
treatment d 2 fh;c;ng. Observed scores are given by Yi ¼ YiðDiÞ.
We assume that Head Start offers affect test scores only through
program participation choices. Under assumption (1), IV identi-
fies a variant of the LATE of Imbens and Angrist (1994), giving
the average effect of Head Start participation for compliers
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relative to a mix of program alternatives. Specifically, under
equation (1) and excludability of Head Start offers:

E YijZi ¼ 1½ � � E YijZi ¼ 0½ �

E 1 Di ¼ hf gjZi ¼ 1½ � � E 1 Di ¼ hf gjZi ¼ 0½ �

¼ E YiðhÞ � YiðDið0ÞÞjDið1Þ ¼ h;Dið0Þ 6¼ h½ �

� LATEh:

ð2Þ

The left-hand side of equation (2) is the population coefficient
from a model that instruments Head Start attendance with the
Head Start offer. This equation implies that the IV strategy
employed in Table II yields the average effect of Head Start
for compliers relative to their own counterfactual care choices,
a quantity we label LATEh.

We can decompose LATEh into a weighted average of
‘‘subLATEs’’ measuring the effects of Head Start for compliers
drawn from specific counterfactual alternatives as follows:

LATEh ¼ ScLATEch þ ð1� ScÞLATEnh;ð3Þ

where LATEdh � E YiðhÞ � YiðdÞjDið1Þ ¼ h;Dið0Þ ¼ d½ � gives the
average treatment effect on d-compliers for d 2 fc;ng, and the

weight Sc �
P Di 1ð Þ¼h;Di 0ð Þ¼cð Þ
P Di 1ð Þ¼h;Di 0ð Þ6¼hð Þ

gives the fraction of compliers drawn

from other preschools.
Column (7) of Table III reports estimates of Sc by year and

cohort, computed as minus the ratio of the Head Start offer’s
effect on other preschool attendance to its effect on Head Start
attendance (see Online Appendix B). In the first year of the HSIS
experiment, 34% of compliers would have otherwise attended
competing preschools. IV estimates combine effects for these com-
pliers with effects for compliers who would not otherwise attend
preschool.

As detailed in Online Appendix D, the competing preschools
attended by c-compliers are largely publicly funded and provide
services roughly comparable to Head Start. The modal alterna-
tive preschool is a state-provided preschool program, whereas
others receive funding from a mix of public sources (see Online
Appendix Table A.II). Moreover, it is likely that even Head Start–
eligible children attending private preschool centers receive
public funding (e.g., through CCDF or TANF subsidies). Next
we consider the implications of substitution from these alterna-
tive preschools for assessments of Head Start’s cost-effectiveness.
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V. A Model of Head Start Provision

In this section, we develop amodel of Head Start participation
with the goal of conducting a cost-benefit analysis that acknowl-
edges the presence of publicly subsidized program substitutes. Our
model is highly stylized and focuses on obtaining an estimable
lower bound on the rate of return to potential reforms of Head
Start measured in terms of lifetime earnings. The analysis ignores
redistributional motives and any effects of human capital invest-
ment on criminal activity (Lochner and Moretti 2004; Heckman
et al. 2010), health (Deming 2009; Carneiro and Ginja 2014), or
grade repetition (Currie 2001). Adding such features would tend to
raise the implied return to Head Start. We also abstract from pa-
rental labor supply decisions because prior analyses of the HSIS
find no short-term impacts on parents’ work decisions (Puma et al.
2010).8 Again, incorporating parental labor supply responses
would likely raise the program’s rate of return.

Our discussion emphasizes that the cost-effectiveness of Head
Start is contingent on assumptions regarding the structure of the
market for preschool services and the nature of the specific policy
reforms under consideration. Building on the heterogeneous ef-
fects framework of the previous section, we derive expressions
for policy relevant ‘‘sufficient statistics’’ (Chetty 2009) in terms of
causal effects on student outcomes. Specifically, we show that a
variant of the LATE concept of Imbens and Angrist (1994) is policy
relevant when considering program expansions in an environment
where slots in competing preschools are not rationed. With ration-
ing, a mix of LATEs becomes relevant, which poses challenges to
identification with the HSIS data. When considering reforms to
Head Start program features that change selection into the pro-
gram, the policy-relevant parameter is shown to be a variant of the
MTE concept of Heckman and Vytlacil (1999).

V.A. Setup

Consider a population of households, indexed by i, each with
a single preschool-aged child. Each household can enroll its
child in Head Start, enroll in a competing preschool program

8. We replicate this analysis for our sample in Online Appendix Table A.III,
which shows that a Head Start offer has no effect on the probability that a child’s
motherworks or on the likelihood ofworking full- versus part-time. Recentwork by
Long (2015) suggests that Head Start may have small effects on full- versus part-
time work for mothers of three-year-olds.
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(e.g., state-subsidized preschool), or care for the child at home. The
government rations Head Start participation via program offers
Zi, which arrive at random via lottery with probability
� � P Zi ¼ 1ð Þ. Offers are distributed in a first period. In a second
period, households make enrollment decisions. Tenacious appli-
cants who have not received an offer can enroll in Head Start by
exerting additional effort. We begin by assuming that competing
programs are not rationed and then relax this assumption later.

Each household has utility over its enrollment options given
by the function Ui d;zð Þ. The argument d 2 h;c;nf g indexes child
care environments, and the argument z 2 0; 1f g indexes offer
status. Head Start offers raise the value of Head Start and have
no effect on the value of other options, so that:

Ui h;1ð Þ > Ui h;0ð Þ;Ui c;zð Þ ¼ Ui cð Þ;Ui n;zð Þ ¼ Ui nð Þ:

Household i’s enrollment choice, as a function of its offer status
z, is given by:

Di zð Þ ¼ argmax
d2 h;c;nf g

Ui d;zð Þ:

It is straightforward to show that this model satisfies the mono-
tonicity restriction (1). Because offers are assigned at random,
market shares for the three care environments can be written
P Di ¼ dð Þ ¼ �P Di 1ð Þ ¼ dð Þ þ 1� �ð ÞP Di 0ð Þ ¼ dð Þ.

V.B. Benefits and Costs

Debate over the effectiveness of educational programs often
centers on their test score impacts. A standard means of valuing
such impacts is in terms of their effects on later life earnings
(Heckman et al. 2010; Chetty et al. 2011; Heckman, Pinto, and
Savelyev 2013; Chetty, Friedman, and Rockoff 2014b).9 Let the
symbol B denote the total after-tax lifetime income of a cohort of
children. We assume that B is linked to test scores by the
equation:

B ¼ B0 þ 1� �ð ÞpE Yi½ �;ð4Þ

where p gives the market price of human capital, � is the tax
rate faced by the children of eligible households, and B0 is an
intercept reflecting how test scores are normed. Our focus on

9. Online Appendix C considers how such valuations should be adjustedwhen
test score impacts yield labor supply responses.
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mean test scores neglects distributional concerns that may lead
us to undervalue Head Start’s test score impacts (see Bitler,
Domina, and Hoynes 2014).

The net costs to government of financing preschool are given by:

C ¼ C0 þ ’hP Di ¼ hð Þ þ ’cP Di ¼ cð Þ � �pE Yi½ �;ð5Þ

where the term C0 reflects fixed costs of administering the pro-
gram and ’h gives the administrative cost of providing Head
Start services to an additional child. Likewise, ’c gives the
administrative cost to government of providing competing pre-
school services (which often receive public subsidies) to another
student. The term �pE Yi½ � captures the revenue generated by
taxes on the adult earnings of Head Start–eligible children.
This formulation abstracts from the fact that program outlays
must be determined before the children enter the labor market
and begin paying taxes, a complication we adjust for in our
empirical work via discounting.

V.C. Changing Offer Probabilities

Consider the effects of adjusting Head Start enrollment by
changing the rationing probability �. An increase in � draws ad-
ditional households into Head Start from competing programs
and home care. As shown in Online Appendix C, the effect of a
change in the offer rate � on average test scores is given by:

qE Yi½ �

q�
¼ LATEh

|fflfflfflffl{zfflfflfflffl}

Effect on compliers

�
qP Di ¼ hð Þ

q�
|fflfflfflfflfflfflfflffl{zfflfflfflfflfflfflfflffl}

Complier density

:ð6Þ

In words, the aggregate impact on test scores of a small in-
crease in the offer rate equals the average impact of Head
Start on complier test scores times the measure of compliers.
By the arguments in Section IV, both LATEh and q

q�P Di ¼ hð Þ

¼ P Di 1ð Þ ¼ h;Di 0ð Þ 6¼ hð Þ are identified by the HSIS experiment.
Hence, equation (6) implies that the hypothetical effects of a
market-level change in offer probabilities can be inferred from
an individual-level randomized trial with a fixed offer probabil-
ity. This convenient result follows from the assumption that
Head Start offers are distributed at random and that � does
not directly enter the alternative specific choice utilities,
which in turn implies that the composition of compliers (and
hence LATEh) does not change with �. Later we explore how
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this expression changes when the composition of compliers re-
sponds to a policy change.

From equation (4), the marginal benefit of an increase in � is
given by:

qB

q�
¼ 1� �ð ÞpLATEh �

qP Di ¼ hð Þ

q�
:

The offsetting marginal cost to government of financing such an
expansion can be written:

qC

q�
¼ ’h

|{z}

ProvisionCost

� ’cSc
|ffl{zffl}

Public Savings

� �pLATEh
|fflfflfflfflfflfflffl{zfflfflfflfflfflfflffl}

AddedRevenue

0

B
B
B
@

1

C
C
C
A

�
qP Di ¼ hð Þ

q�
:ð7Þ

This cost consists of the measure of compliers times the admin-
istrative cost ’h of enrolling them in Head Start minus the
probability Sc that a complying household comes from a substi-
tute preschool times the expected government savings ’c asso-
ciated with reduced enrollment in substitute preschools. The
quantity ’h � ’cSc can be viewed as a LATE of Head Start on
government spending for compliers. Subtracted from this effect
is any extra revenue the government gets from raising the pro-
ductivity of the children of complying households.

The ratio of marginal impacts on after-tax income and gov-
ernment costs gives the marginal value of public funds (Mayshar
1990; Hendren 2016), which we can write:

MVPF� �
qB
q�
qC
q�

¼
1� �ð ÞpLATEh

’h � ’cSc � �pLATEh

:ð8Þ

The MVPF� gives the value of an extra dollar spent on Head
Start net of fiscal externalities. These fiscal externalities in-
clude reduced spending on competing subsidized programs (cap-
tured by the term ’cSc) and additional tax revenue generated
by higher earnings (captured by �pLATEh). As emphasized by
Hendren (2016), the MVPF is a metric that can easily be com-
pared across programs without specifying exactly how program
expenditures are to be funded. In our case, if MVPF� > 1, $1 of
government spending can raise the after-tax incomes of chil-
dren by more than $1, which is a robust indicator that program
expansions are likely to be welfare improving.

PUBLIC PROGRAMSWITH CLOSE SUBSTITUTES 1815 D
o
w

n
lo

a
d
e
d
 fro

m
 h

ttp
s
://a

c
a
d
e
m

ic
.o

u
p
.c

o
m

/q
je

/a
rtic

le
/1

3
1
/4

/1
7
9
5
/2

4
6
8
8
7
7
 b

y
 U

n
iv

e
rs

ity
 o

f N
o
rth

 C
a
ro

lin
a
 a

t C
h
a
p
e
l H

ill u
s
e
r o

n
 3

1
 J

a
n
u
a
ry

 2
0
2
2



An important lesson of the foregoing analysis is that iden-
tifying costs and benefits of changes to offer probabilities does
not require identification of treatment effects relative to partic-
ular counterfactual care states. Specifically, it is not necessary
to separately identify the subLATEs. This result shows that
program substitution is not a design flaw of evaluations.
Rather, it is a feature of the policy environment that needs to
be considered when computing the likely effects of changes to
policy parameters. Here, program substitution alters the usual
logic of program evaluation only by requiring identification of
the complier share Sc, which governs the degree of public sav-
ings realized as a result of reducing subsidies to competing
programs.

V.D. Rationed Substitutes

The foregoing analysis presumes that Head Start expansions
yield reductions in the enrollment of competing preschools.
However, if competing programs are also oversubscribed, the slots
vacated by c-compliers may be filled by other households. This will
reduce the public savings associated with Head Start expansions
but also generate the potential for additional test score gains.

With rationing in substitute preschool programs, the utility
of enrollment in c can be written Uiðc;ZicÞ, where Zic indicates an
offered slot in the competing program. Household i’s enrollment
choice, DiðZih;ZicÞ, depends on both the Head Start offer Zih and
the competing program offer. Assume these offers are assigned
independently with probabilities �h and �c but that �c adjusts to
changes in �h to keep total enrollment in c constant. In addition,
assume that all children induced to move into c as a result of an
increase in �c come from n rather than h.

We show in Online Appendix C that under these assumptions
the marginal impact of expanding Head Start becomes:

qE Yi½ �

q�h
¼ LATEh þ LATEnc � Scð Þ �

qP Di ¼ hð Þ

q�h
;

where LATEnc � E Yi cð Þ � Yi nð ÞjDi Zih;1ð Þ ¼ c;Di Zih;0ð Þ ¼ n½ �.
Intuitively, every c-complier now spawns a corresponding n-
to-c complier who fills the vacated preschool slot.

The marginal cost to government of inducing this change in
test scores can be written:
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qC

q�h
¼ ’h � �p LATEh þ LATEnc � Scð Þ
� �

�
qP Di ¼ hð Þ

q�h
:

Relative to equation (7), rationing eliminates the public savings
from reduced enrollment in substitute programs but adds an-
other fiscal externality in its place: the tax revenue associated
with any test score gains of shifting children from home care to
competing preschools. The resulting marginal value of public
funds can be written:

MVPF�;rat ¼
ð1� �Þp LATEh þ LATEnc � Scð Þ

’h � �p LATEh þ LATEnc � Scð Þ
:ð9Þ

While the impact of rationed substitutes on the marginal value
of public funds is theoretically ambiguous, there is good reason
to expect MVPF�;rat >MVPF� in practice. Specifically, ignoring
rationing of competing programs yields a lower bound on
the rate of return to Head Start expansions if Head Start and
other forms of center-based care have roughly comparable effects
on test scores and competing programs are cheaper (see Online
Appendix C). Unfortunately, effects for n-to-c compliers are not
nonparametrically identified by the HSIS experiment because
one cannot know which households that care for their children
at home would otherwise choose to enroll them in competing
preschools. We return to this issue in Section IX.

V.E. Structural Reforms

An important assumption in the previous analyses is that
changing lottery probabilities does not alter the mix of program
compliers. Consider now the effects of altering some structural
feature f of the Head Start program that households value but
has no impact on test scores. For example, Executive Order
13330, issued by President George W. Bush in February 2004,
mandated enhancements to the transportation services provided
by Head Start and other federal programs (Federal Register
2004). Expanding Head Start transportation services should not
directly influence educational outcomes but may yield a composi-
tional effect by drawing in households from a different mix of
counterfactual care environments.10 By shifting the composition

10. This presumes that peer effects are not an important determinant of test
score outcomes.Large changes in the student composition ofHeadStart classrooms
could potentially change the effectiveness of Head Start.
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of program participants, changes in fmay boost the program’s rate
of return.

To establish notation, we assume that households now value
Head Start participation as:

Ũiðh;Zi; f Þ ¼ Ui h;Zið Þ þ f :

Utilities for other preschools and home care are assumed to be
unaffected by changes in f. This implies that increases in f

make Head Start more attractive for all households. For
simplicity, we return to our prior assumption that competing
programs are not rationed. As shown in Online Appendix C,
the assumption that f has no effect on potential outcomes
implies:

qE Yi½ �

qf
¼ MTEh �

qP Di ¼ hð Þ

qf
;

where

MTEh � E YiðhÞ � Yi cð ÞjUiðh;ZiÞ þ f ¼ UiðcÞ;UiðcÞ > UiðnÞ½ � ~Sc

þ E YiðhÞ � YiðnÞjUiðh;ZiÞ þ f ¼ UiðnÞ;UiðnÞ > UiðcÞ½ �ð1� ~ScÞ;

and ~Sc gives the share of children on the margin of participat-
ing in Head Start who prefer the competing program to
preschool nonparticipation. Following the terminology in
Heckman, Urzua, and Vytlacil (2008), the marginal treatment
effect MTEh is the average effect of Head Start on test scores
among households indifferent between Head Start and the next
best alternative. This is a marginal version of the result in
equation (6), where integration is now over a set of children
who may differ from current program compliers in their mean
impacts. Like LATEh, MTEh is a weighted average of
‘‘subMTEs’’ corresponding to whether the next best alternative
is home care or a competing preschool program. The weight ~Sc

may differ from Sc if inframarginal participants are drawn from
different sources than marginal ones.

The test score effects of improvements to the program feature
must be balanced against the costs. We suppose that changing
program features changes the average cost ’h fð Þ of Head Start
services, so that the net costs to government of financing pre-
school are now:
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C fð Þ ¼ C0 þ ’h fð ÞP Di ¼ hð Þ þ ’cP Di ¼ cð Þ � �pE Yi½ �;ð10Þ

where q’h fð Þ

qf
� 0. The marginal costs to government (per program

complier) of a change in the program feature can be written:

qC fð Þ

qf

qP Di ¼ hð Þ

qf

¼ ’h
|{z}

Marginal ProvisionCost

þ

q’h fð Þ

qf

qlnP Di ¼ hð Þ

qf
|fflfflfflfflfflfflfflfflfflfflffl{zfflfflfflfflfflfflfflfflfflfflffl}

Inframarginal ProvisionCost

� ’c
~Sc

|ffl{zffl}

Public Savings

� �pMTEh
|fflfflfflfflfflffl{zfflfflfflfflfflffl}

AddedRevenue

ð11Þ

The first term on the right-hand side of equation (11) gives the
administrative cost of enrolling another child. The second term
gives the increased cost of providing inframarginal families
with the improved program feature. The third term is the ex-
pected savings in reduced funding to competing preschool pro-
grams. The final term gives the additional tax revenue raised
by the boost in the marginal enrollee’s human capital.

Letting � �
qln ’ðf Þ

qf
qln PðDi ¼ hÞ

qf

be the elasticity of costs with respect to

enrollment, we can write the marginal value of public funds as-
sociated with a change in program features as:

MVPFf �

qB
qf

qC fð Þ
qf

¼
1� �ð ÞpMTEh

’h 1þ �ð Þ � ’c
~Sc � �pMTEh

:ð12Þ

As in our analysis of optimal program scale, equation (11) shows
that it is not necessary to separately identify the subMTEs that
compose MTEh to determine the optimal value of f. Rather, it is
sufficient to identify the average causal effect of Head Start for
children on the margin of participation along with the average
net cost of an additional seat in this population.

VI. A Cost-Benefit Analysis of Program Expansion

We use the HSIS data to conduct a formal cost-benefit anal-
ysis of changes to Head Start’s offer rate under the assumption
that competing programs are not rationed (we consider the case
with rationing in Section IX). Our analysis focuses on the costs
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and benefits associated with one year of Head Start atten-
dance.11 This exercise requires estimates of each term in equa-
tion (7). We estimate LATEh and Sc from the HSIS and calibrate
the remaining parameters using estimates from the literature.
Calibrated parameters are listed in Table IV, Panel A. To be
conservative, we deliberately bias our calibrations toward
understating Head Start’s benefits and overstating its costs to
arrive at a lower bound rate of return. Further details of the
calibration exercise are provided in Online Appendix D.

Table IV, Panel B reports estimates of the marginal value of
public funds associated with an expansion of Head Start offers
(MVPF�). To account for sampling uncertainty in our estimates of
LATEh and Sc, we report standard errors calculated via the delta
method. Because asymptotic delta method approximations can be
inaccurate when the statistic of interest is highly nonlinear
(Lafontaine and White 1986), we also report bootstrap p-values
from one-tailed tests of the null hypothesis that the benefit-cost
ratio is less than 1.12

The results show that accounting for the public savings as-
sociated with enrollment in substitute preschools has a large
effect on the estimated social value of Head Start. We conduct
cost-benefit analyses under three assumptions: ’c is either 0,
50%, or 75% of ’h. Our preferred calibration uses ’c ¼ 0:75’h,
reflecting that fact that roughly 75% of competing centers are
publicly funded (see Online Appendix D). Setting ’c ¼ 0 yields a
MVPF� of 1.10. Setting ’c equal to 0:5’h and 0:75’h raises the
MVPF� to 1.50 and 1.84, respectively. This indicates that the fiscal
externality generated by program substitution has an important
effect on the social value of Head Start. Bootstrap tests decisively
reject values of MVPF� less than 1 when ’c ¼ 0:5’h or 0:75’h.

11. Children in the three-year-old cohort who enroll for two years generate ad-
ditional costs. As shown in Table III, a Head Start offer raises the probability of
enrollment in the second year by only 0.16, implying that first-year offers have
modestnet effects on second-year costs.Enrollment for twoyearsmayalso generate
additional benefits, but these cannot be estimated without strong assumptions on
the Head Start dose-response function. We therefore consider only first-year ben-
efits and costs.

12. This test is computedbyanonparametric blockbootstrap of theStudentized
t-statistic that resamplesHeadStart sites.Wehave found inMonteCarlo exercises
that deltamethod confidence intervals forMVPF� tend to overcover, whereas boot-
strap-t tests have approximately correct size. This is in accord with theoretical
results fromHall (1992) that show bootstrap-tmethods yield a higher-order refine-
ment to p-values based on the standard delta method approximation.
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Notably, our preferred estimate of 1.84 is well above the esti-
mated rates of return of comparable expenditure programs sum-
marized in Hendren (2016), and comparable to the marginal
value of public funds associated with increases in the top mar-
ginal tax rate (between 1.33 and 2.0).

To assess the sensitivity of our results to alternative assump-
tions regarding the relationship between test score effects and
earnings, Table IV also reports breakeven relationships between
test scores and earnings that set MVPF� equal to 1 for each value
of ’c. When ’c ¼ 0 the breakeven earnings effect is 9% per test
score standard deviation, only slightly below our calibrated value
of 10%. This indicates that when substitution is ignored, Head
Start is close to breaking even, and small changes in assumptions
will yield values ofMVPF� below 1. Increasing ’c to 0:5’h or 0:75’h
reduces the breakeven earnings effect to 8% or 7%, respectively.
The latter figure is well below comparable estimates in the recent
literature, such as estimates from Chetty et al.’s (2011) study of
the Tennessee STAR class size experiment (13%; see Appendix
Table A.IV). Therefore, after accounting for fiscal externalities,
Head Start’s costs are estimated to exceed its benefits only if its
test score impacts translate into earnings gains at a lower rate
than similar interventions for which earnings data are available.

VII. Beyond LATE

Thus far, we have evaluated the return to a marginal expan-
sion of Head Start under the assumption that the mix of compli-
ers can be held constant. However, it is likely that major reforms
to Head Start would entail changes to program features such as
accessibility that could in turn change the mix of program com-
pliers. To evaluate such reforms, it is necessary to predict how
selection into Head Start is likely to change and how this affects
the program’s rate of return.

VII.A. IV Estimates of SubLATEs

A first way in which selection into Head Start could change is
if the mix of compliers drawn from home care and competing
preschools were altered while holding the composition of those
two groups constant. To predict the effects of such a change on
the program’s rate of return we need to estimate the subLATEs in
equation (3).
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One approach to identifying subLATEs is to conduct two-
stage least squares (2SLS) estimation treating Head Start enroll-
ment and enrollment in other preschools as separate endogenous
variables. A common strategy for generating instruments in such
settings is to interact an experimentally assigned program offer
with observed covariates or site indicators (e.g., Kling, Liebman,
and Katz 2007; Abdulkadiroğlu, Angrist, and Pathak 2014). Such
approaches can secure identification in a constant effects frame-
work but, as we demonstrate in Online Appendix E, will typically
fail to identify interpretable parameters if the subLATEs them-
selves vary across the interacting groups (see Hull 2015 and
Kirkeboen, Leuven, and Mogstad 2016 for related results).

Table V reports 2SLS estimates of the separate effects of
Head Start and competing preschools using as instruments the
Head Start offer indicator and its interaction with eight student-
and site-level covariates likely to capture heterogeneity in com-
pliance patterns.13 These instruments strongly predict Head
Start enrollment but induce relatively weak independent varia-
tion in enrollment in other preschools, with a partial first-stage F-
statistic of only 1.8. The 2SLS estimates indicate that Head Start
and other centers yield large and roughly equivalent effects on
test scores of approximately 0.4 standard deviations. This finding
is roughly in line with the view that preschool effects are homo-
geneous and that program substitution simply attenuates IV es-
timates of the effect of Head Start relative to home care.
Cautioning against this interpretation is the 2SLS overidentifica-
tion test, which strongly rejects the constant effects model, indi-
cating the presence of substantial effect heterogeneity across
covariate groups.

A separate source of variation comes from experimental sites:
the HSIS was implemented at hundreds of individual Head Start
centers, and previous studies have shown substantial variation in
treatment effects across these centers (Bloom and Weiland 2015;

13. Previous analyses of the HSIS have shown important effect heterogeneity
with respect to baseline scores and first language (Bitler, Domina, and Hoynes
2014; Bloom and Weiland 2015), so we include these in the list of student-level
interactions. We also allow interactions with variables measuring whether a
child’s center of random assignment offers transportation to Head Start, whether
the center of random assignment is above the median of the Head Start quality
measure, the education level of the child’s mother, whether the child is age four,
whether the child is black, and an indicator for family income above the poverty
line.
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Walters 2015). Using site interactions as instruments again
yields much more independent variation in Head Start enroll-
ment than in competing preschools.14 However, the estimated
impact of Head Start is smaller, and competing centers are esti-
mated to yield no gains relative to home care. While these site-
based estimates are nominally more precise than those obtained
from the covariate interactions, with 183 instruments the

TABLE V

TWO-STAGE LEAST SQUARES ESTIMATES WITH INTERACTION INSTRUMENTS

One endogenous
variable: Two endogenous

variables

Head Start Head Start Other centers
Instruments (1) (2) (3)

Offer 0.247
(1 instrument) (0.031)

Offer � covariates 0.241 0.384 0.419
(9 instruments) (0.030) (0.127) (0.359)
First-stage F 276.2 17.7 1.8
Overid. p-value .007 .006

Offer � sites 0.210 0.213 0.008
(183 instruments) (0.026) (0.039) (0.095)
First-stage F 215.1 90.0 2.7
Overid. p-value .002 .002

Offer � site groups 0.229 0.265 0.110
(6 instruments) (0.029) (0.056) (0.146)
First-stage F 1,015.2 339.1 32.6
Overid. p-value .077 .050

Offer � covariates and 0.229 0.302 0.225
offer � site groups
(14 instruments)

(0.029) (0.054) (0.134)

First-stage F 340.2 121.2 13.3
Overid. p-value .012 .010

Notes. This table reports two-stage least squares estimates of the effects of Head Start and other
preschool centers in spring 2003. The model in the first row instruments Head Start attendance with the
Head Start offer. Models in the second row instrument Head Start and other preschool attendance with
interactions of the offer and transportation, above-median quality, race, Spanish language, mother’s ed-
ucation, an indicator for income above the federal poverty line, and baseline score. The third row uses the
Head Start offer interacted with 183 experimental site indicators as instruments. The fourth row uses
interactions of the offer and indicators for groups of experimental sites obtained from a multinomial probit
model with unobserved group fixed effects, as described in Online Appendix G. The fifth row uses both
covariate and site group interactions. All models control for main effects of the interacting variables and
baseline covariates. First-stage F-statistics are Angrist and Pischke (2009) partial F’s. Standard errors are
clustered at the center level.

14. To avoid extreme imbalance in site size,we grouped the 356 sites in our data
into 183 sites with 10 or more observations. See Online Appendix G for details.
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asymptotic standard errors may provide a poor guide to the
degree of uncertainty in the parameter estimates (Bound,
Jaeger, and Baker 1995). We explore this issue in Online
Appendix Table A.V, which reports limited information maxi-
mum likelihood and jackknife IV estimates of the same model.
These approaches yield much larger standard errors and very
different point estimates, suggesting that weak instrument
biases are at play here.

To deal with these statistical problems, we use a choice model
with discrete unobserved heterogeneity (described in more detail
later) to aggregate Head Start sites together into six groups with
similar substitution patterns. Using the site group interactions as
instruments yields significant independent variation in both
Head Start and competing preschool enrollment and produces
results more in line with those obtained from the covariate inter-
actions. Pooling the site group and covariate interaction instru-
ments together yields the most precise estimates, which indicate
that both preschool types increase scores relative to home care
and that Head Start is slightly more effective than competing
preschools. However, the overidentification test continues to
reject the constant effects model, suggesting that these estimates
are still likely to provide a misleading guide to the underlying
subLATEs. Another important limitation of the interacted 2SLS
approach is that it conditions on realized selection patterns and
therefore cannot be used to predict the effects of reforms that
change the underlying composition of n- and c-compliers. We
now turn to developing an econometric selection model that
allows us to address both of these limitations.

VII.B. Selection Model

Our selection model parameterizes the preferences and po-
tential outcomes introduced in the model of Section V to motivate
a two-step control function estimator. Like the interacted 2SLS
approach, the proposed estimator exploits interactions of the
Head Start offer with covariates and site groups to separately
identify the causal effects of care alternatives. Unlike the inter-
acted 2SLS approach, the control function estimator allows the
interacting groups to have different subLATEs that vary para-
metrically with the probability of enrolling in Head Start and
competing preschools.

QUARTERLY JOURNAL OF ECONOMICS1826 D
o
w

n
lo

a
d
e
d
 fro

m
 h

ttp
s
://a

c
a
d
e
m

ic
.o

u
p
.c

o
m

/q
je

/a
rtic

le
/1

3
1
/4

/1
7
9
5
/2

4
6
8
8
7
7
 b

y
 U

n
iv

e
rs

ity
 o

f N
o
rth

 C
a
ro

lin
a
 a

t C
h
a
p
e
l H

ill u
s
e
r o

n
 3

1
 J

a
n
u
a
ry

 2
0
2
2



Normalizing the value of preschool nonparticipation to zero,
we assume households have utilities over program alternatives
given by:

Ui h;Zið Þ ¼  h Xi;Zið Þ þ vih;

Ui cð Þ ¼  c Xið Þ þ vic;

Ui nð Þ ¼ 0;

ð13Þ

where Xi denotes the vector of baseline household and experi-
mental site characteristics listed in Table I and Zi again de-
notes the Head Start offer dummy. The stochastic components
of utility vih; vicð Þ reflect unobserved differences in household
demand for Head Start and competing preschools relative to
home care. In addition to pure preference heterogeneity, these
terms may capture unobserved constraints such as whether
family members are available to help with child care. We sup-
pose these components obey a multinomial probit specification:

vih; vicð ÞjXi;Zi 	 N 0;
1 � Xið Þ

� Xið Þ 1

" # !

;

which allows for violations of the independence from irrelevant
alternatives (IIA) condition that underlies multinomial logit se-
lection models such as that of Dubin and McFadden (1984).

As in the Heckman (1979) selection framework, we model
endogeneity in participation decisions by allowing linear depen-
dence of mean potential outcomes on the unobservables that in-
fluence choices. Specifically, for each program alternative
d 2 h;c;nf g, we assume:

E Yi dð ÞjXi;Zi; vih; vic½ � ¼ �d Xið Þ þ �dhvih þ �dcvic:ð14Þ

The �dh; �dc
� �

coefficients in equation (14) describe the nature of
selection on unobservables. This specification can accommodate a
variety of selection schemes. For example, if �dh ¼ �h > 0, then
conditional on observables, selection into Head Start is governed
by potential outcome levels—those most likely to participate in
Head Start have higher test scores in all care environments. But
if �hh > 0 and �nh ¼ ��hh, then households engage in Roy (1951)-
style selection into Head Start based on test score gains—those
most likely to participate in Head Start receive larger test score
benefits when they switch from home care to Head Start.
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By iterated expectations, equation (14) implies the condi-
tional expectation of realized outcomes can be written:

E YijXi;Zi;Di ¼ d½ � ¼ �d Xið Þ þ �dh�h Xi;Zi;dð Þ

þ �dc�c Xi;Zi;dð Þ;
ð15Þ

where �h Xi;Zi;Dið Þ � E vihjXi;Zi;Di½ � and �c Xi;Zi;Dið Þ �

E vicjXi;Zi;Di½ � are generalizations of the standard inverse
Mills ratio terms used in the two-step Heckman (1979) selection
correction (see Online Appendix F for details). These terms
depend on Xi and Zi only through the conditional probabilities
of enrolling in Head Start and other preschools.

VII.C. Identification

To demonstrate identification of the selection coefficients
�dh; �dc
� �

it is useful to eliminate the main effect of the covariates
by differencing equation (15) across values of the program offer Zi

as follows:

E YijXi;Zi ¼ 1;Di ¼ d½ � � E YijXi;Zi ¼ 0;Di ¼ d½ �

¼ �dh �h Xi;1;dð Þ � �h Xi;0;dð Þ½ � þ �dc �c Xi;1;dð Þ � �c Xi;0;dð Þ½ �:
ð16Þ

This difference measures how selected test score outcomes in a
particular care alternative respond to a Head Start offer.
Responses in selected outcomes are driven entirely by composi-
tional changes—that is, from compliers switching between
alternatives.

With two values of the covariates Xi, equation (16) can be
evaluated twice, yielding two equations in the two unknown se-
lection coefficients. Online Appendix F details the conditions
under which this system can be solved and provides expressions
for the selection coefficients in terms of population moments.
Additive separability of the potential outcomes in observables
and unobservables is essential for identification. If the selection
coefficients in equation (16) were allowed to depend on Xi, there
would be two unknowns for every value of the covariates and
identification would fail. Heuristically, then, our key assumption
is that selection on unobservables works ‘‘the same way’’ for every
value of the covariates, which allows us to exploit variation in
selected outcome responses across subgroups to infer the param-
eters governing the selection process.
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To understand this restriction, suppose (as turns out to be
the case) that college-educated mothers are more likely to enroll
their children in competing preschools when denied access to
Head Start. Our model allows Head Start and other preschools
to have different average treatment effects on the children of
more and less educated mothers. However, it rules out the possi-
bility that children with college-educated mothers sort into Head
Start on the basis of potential test score gains, while children of
less educated mothers exhibit no sorting on these gains. As in
Brinch, Mogstad, and Wiswall (forthcoming), this restriction is
testable when Xi takes more than two values because it implies
we should obtain similar estimates of the selection coefficients
based on variation in different subsets of the covariates. We pro-
vide evidence along these lines by contrasting estimates that ex-
ploit site variation with estimates based on household covariates.

VII.D. Estimation

To make estimation tractable, we approximate  h X;Zð Þ

and  cðXÞ with flexible linear functions. The nonseparability
of  hðX;ZÞ is captured by linear interactions between Z and
the eight covariates used in our earlier 2SLS analysis. We also
allow interactions with the 183 experimental site indicators,
but to avoid incidental parameters problems, we constrain the
coefficients on those dummies to belong to one of K discrete cat-
egories. Results from Bonhomme and Manresa (2015) and Saggio
(2012) suggest that this ‘‘grouped fixed effects’’ approach should
yield good finite sample performance even when some sites have
as few as 10 observations. As described in Online Appendix G,
we choose the number of site groups K using the Bayesian in-
formation criterion (BIC). Finally, all of the interacting variables
(both site groups and covariates) are allowed to influence the
correlation parameter � Xð Þ. We assume that arctanh�ðXÞ ¼ 1

2 ln
1þ� Xð Þ
1�� Xð Þ

� �

is linear in these variables, a standard transformation
that ensures the correlation is between �1 and 1 (Cox 2008).

The model is fit in two steps. First, we estimate the param-
eters of the probit model via simulated maximum likelihood, eval-
uating choice probabilities with the Geweke-Hajivassiliou-Keane
(GHK) simulator (Geweke 1989; Keane 1994; Hajivassiliou and
McFadden 1998). Models including site groups are estimated
with an algorithm that alternates between maximizing the like-
lihood and reassigning groups, described in detail in Online
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Appendix G. Second, we use the parameters of the choice model to
form control function estimates �̂h Xi;Zi;Dið Þ; �̂c Xi;Zi;Dið Þ

� �

,
which are then used in a second step regression of the form:

Yi¼	n0þX 0	nxþ�nh�̂h Xi;Zi;Dið Þþ�nc�̂c Xi;Zi;Dið Þ

þ1 Di¼cf g
	c0�	n0ð ÞþXi

0 	cx�	nxð Þþ �ch��nh
	 


�̂h Xi;Zi;cð Þ

þ �cc��nc
	 


�̂c Xi;Zi;cð Þ

" #

þ1 Di¼hf g
	h0�	n0ð ÞþXi

0 	hx�	nxð Þþ �hh��nh
	 


�̂h Xi;Zi;hð Þ

þ �hc��nc
	 


�̂c Xi;Zi;hð Þ

2

4

3

5þei:

(17)

The covariate vector Xi is normed to have unconditional mean
zero, so the intercepts 	d0 can be interpreted as average potential
outcomes. Hence, the differences 	h0 � 	n0 and 	h0 � 	c0 capture
average treatment effects of Head Start and other preschools rel-
ative to no preschool. To avoid overfitting, we restrict variables
other than the site types and eight key covariates to have
common coefficients across care alternatives.15 Inference on the
second-step parameters is conducted via the nonparametric
block bootstrap, clustered by experimental site.

VIII. Model Estimates

VIII.A. Model Parameters

Table VI reports estimates of the full choice model obtained
from exploiting both covariates and site heterogeneity. The BIC
selects a specification with six site groups for the full model (see
Online Appendix Table A.VI), with group shares that vary be-
tween 12% and 21% of the sample. These assignments make up
the site groups used in the earlier 2SLS analysis of Table V.

Columns (1) and (2) of Table VI show the coefficients govern-
ing the mean utility of enrollment in Head Start. We easily reject
the null hypothesis that the program offer interaction effects in
the Head Start utility equation are homogeneous. Panel A, col-
umn (2) indicates that the effects of an offer are greater at high-
quality centers and lower among nonpoor children that would

15. This restriction cannot be statistically rejected and has minimal effects on
the point estimates.
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TABLE VI

MULTINOMIAL PROBIT ESTIMATES

Head Start utility

(1) (2) (3) (4)
Main
effect

Offer
interaction

Other center
utility Arctanh �

Panel A: Covariates
Center provides 0.022 0.111 0.054 0.096
transportation (0.114) (0.142) (0.087) (0.178)
Above-median �0.233 0.425 �0.115 �0.007
center quality (0.091) (0.102) (0.082) (0.153)
Black 0.095 0.282 0.206 �0.185

(0.108) (0.127) (0.100) (0.166)
Spanish speaker �0.049 �0.273 �0.213 0.262

(0.136) (0.122) (0.169) (0.224)
Mother’s education 0.106 0.021 0.105 �0.219

(0.056) (0.060) (0.064) (0.110)
Income above FPL 0.216 �0.305 0.173 0.097

(0.128) (0.121) (0.126) (0.192)
Baseline score 0.080 �0.025 0.292 0.026

(0.094) (0.108) (0.069) (0.094)
Age 4 0.164 �0.277 0.518 0.010

(0.142) (0.166) (0.104) (0.170)
p-values: no heterogeneity .015 .000 .000 .666

Panel B: Experimental site groups
Group 1 �0.644 2.095 0.424 0.435
(share = 0.215) (0.136) (0.153) (0.085) (0.128)
Group 2 �4.847 6.760 �0.577 �0.496
(share = 0.183) (0.076) (0.158) (0.045) (0.172)
Group 3 �2.148 2.912 �0.768 0.530
(share = 0.183) (0.312) (0.340) (0.081) (0.159)
Group 4 0.488 0.541 �0.139 0.483
(share = 0.151) (0.130) (0.150) (0.226) (0.322)
Group 5 �1.243 2.849 �1.643 �0.772
(share = 0.145) (0.108) (0.171) (0.164) (0.359)
Group 6 0.072 1.191 0.110 2.988
(share = 0.124) (0.127) (0.183) (0.106) (0.925)
p-values: no heterogeneity .000 .000 .000 .000

Notes. This table reports simulated maximum likelihood estimates of a multinomial probit model of
preschool choice. The model includes fixed effects for six unobserved groups of experimental sites, esti-
mated as described in Online Appendix G. The Head Start and other center utilities also include the main
effects of sex, test language, teen mother, mother’s marital status, presence of both parents, family size,
special education, family income categories, and second- and third-order terms in baseline test scores. The
likelihood is evaluated using the GHK simulator, and likelihood contributions are weighted by the recip-
rocal of the probability of experimental assignments. P-values for site heterogeneity are from tests that all
group-specific constants are equal. P-values for covariate heterogeneity are from tests that all covariate
coefficients in a column are 0. Standard errors are clustered at the Head Start center level.
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typically be ineligible for Head Start enrollment.16 Panel B, col-
umn (2) reveals the presence of significant heterogeneity across
site groups in the response to a program offer, which likely re-
flects unobserved market features such as the presence or ab-
sence of state provided preschool.

Column (4) of Table VI reports the parameters governing the
correlation in unobserved tastes for Head Start and competing
programs. The correlation is positive for four of six site groups,
indicating that most households view preschool alternatives as
more similar to each other than to home care. This establishes
that the IIA condition underlying logit-based choice models is
empirically violated. Although there is some evidence of hetero-
geneity in the correlation based on mother’s education, we cannot
reject the joint null hypothesis that the correlation is constant
across covariate groups. However, we easily reject that the cor-
relation is constant across site groups.

The many sources of heterogeneity captured by the choice
model yield substantial variation in predicted enrollment shares
for Head Start and competing preschools. Online Appendix Figure
A.I shows that these predictions match variation in choice proba-
bilities across subgroups. Moreover, diagnostics indicate this vari-
ation is adequate to secure separate identification of the second
stage control function coefficients. From equation (16), the model
is underidentified if, for any alternative d, the control function
difference �h Xi;1;dð Þ � �h Xi;0;dð Þ is linearly dependent on the cor-
responding difference �c Xi;1;dð Þ � �c Xi;0;dð Þ. Online Appendix
Figure A.II shows that the deviations from linear dependence are
visually apparent and strongly statistically significant.

Table VII reports second-step estimates of the parameters in
equation (17). Column (1) omits all controls and simply reports
differences in mean test scores across care alternatives (the omit-
ted category is home care). Head Start students score 0.2 stan-
dard deviations higher than students in home care, and the
corresponding difference for students in competing preschools is
0.26 standard deviations. Column (2) adds controls for baseline

16. The quality variable aggregates information on center characteristics (tea-
cher and center director education and qualifications, class size) and practices (va-
riety of literacy andmath activities, home visiting, health and nutrition)measured
in interviewswith center directors, teachers, andparents of children enrolled in the
preschool center.
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TABLE VII

SELECTION-CORRECTED ESTIMATES OF PRESCHOOL EFFECTS

Least squares Control function

(1) (2) (3) (4) (5)
No controls Covariates Covariates Site groups Full model

Head Start 0.202 0.218 0.483 0.380 0.470
(0.037) (0.022) (0.117) (0.121) (0.101)

Other preschools 0.262 0.151 0.183 0.065 0.109
(0.052) (0.035) (0.269) (0.991) (0.253)

lh 0.015 0.004 0.019
(0.053) (0.063) (0.053)

Head Start � lh �0.167 �0.137 �0.158
(0.080) (0.126) (0.091)

Other
preschools � lh

�0.030 �0.047 0.000
(0.109) (0.366) (0.115)

lc �0.333 �0.174 �0.293
(0.203) (0.187) (0.115)

Head Start � lc 0.224 0.065 0.131
(0.306) (0.453) (0.172)

Other
preschools � lc

0.488 0.440 0.486
(0.248) (0.926) (0.197)

p-values:
No selection .016 .510 .046
No selection
on gains

.133 .560 .084

Additive
separability

.261 .452 .349

Notes. This table reports selection-corrected estimates of the effects of Head Start and other preschool
centers in spring 2003. Each column shows coefficients from regressions of test scores on an intercept, a
Head Start indicator, an other preschool indicator, and controls. Column (1) shows estimates with no
controls. Column (2) adds controls for sex, race, home language, test language, mother’s education, teen
mother, mother’s marital status, presence of both parents, family size, special education, income catego-
ries, experimental site characteristics (transportation, above-median quality, and urban status) and a
third-order polynomial in baseline test score. This column interacts the preschool variables with trans-
portation, above-median quality, race, Spanish language, mother’s education, an indicator for income
above the federal poverty line, and the main effect of baseline score. Covariates are demeaned in the
estimation sample, so that main effects can be interpreted as estimates of average treatment effects.
Column (3) adds control function terms constructed from a multinomial probit model using the covariates
from column (2) and the Head Start offer. The interacting variables from column (2) are allowed to
interact with the Head Start offer and enter the preschool taste correlation equation in column (3).
Column (4) omits observed covariates and includes indicators for experimental site groups, constructed
using the algorithm described in Online Appendix G. The multinomial probit model is saturated in these
site group indicators, and the second-step regression interacts site groups with preschool alternatives.
Column (5) combines the variables used in columns (3) and (4). Standard errors are bootstrapped and
clustered at the center level. The bottom row shows p-values from a score test of the hypothesis that
interactions between the control functions and covariates are 0 in each preschool alternative (see Online
Appendix F for details).
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characteristics. Because the controls include a third-order poly-
nomial in baseline test scores, this column can be thought of as
reporting ‘‘value-added’’ estimates of the sort that have received
renewed attention in the education literature (Kane, Rockoff, and
Staiger 2008; Rothstein 2010; Chetty, Friedman, and Rockoff
2014a). Surprisingly, adding these controls does little to the esti-
mated effect of Head Start relative to home care but improves
precision. By contrast, the estimated impact of competing pre-
schools relative to home care falls significantly once controls are
added.

Columns (3)–(5) add control functions adjusting for selection
on unobservables based on choice models with covariates, site
groups, or both. Unlike the specifications in previous columns,
these control function terms exploit experimental variation in
offer assignment. Adjusting for selection on unobservables dra-
matically raises the estimated average impact of Head Start rel-
ative to home care. However, the estimates are fairly imprecise.
Imprecision in estimates of average treatment effects is to be ex-
pected given that these quantities are only identified via para-
metric restrictions that allow us to infer the counterfactual
outcomes of always takers and never takers. Below we consider
average treatment effects on compliers, which are estimated
more precisely.

Although some of the control function coefficient estimates
are also imprecise, we reject the hypotheses of no selection on
levels (�kd ¼ 0 8ðk;dÞÞ and no selection on gains (�dk ¼ �jk for
d 6¼ j; k 2 fh;cg) in our most precise specification. The selection
coefficient estimates exhibit some interesting patterns. One reg-
ularity is that estimates of �hh � �nh are negative in all specifica-
tions (though insignificant in themodel using site groups only). In
other words, children who are more likely to attend Head Start
receive smaller achievement benefits when shifted from home
care to Head Start. This ‘‘reverse Roy’’ pattern of negative selec-
tion on test score gains suggests large benefits for children with
unobservables making them less likely to attend the program.17

Other preschool programs, by contrast, seem to exhibit positive
selection on gains: the estimated difference �cc � �nc is always

17. Walters (2014) finds a related pattern of negative selection in the context of
charter schools, though in his setting the fall-back potential outcome (as opposed to
the charter school outcome) appears to respond positively to unobserved character-
istics driving program participation.
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positive and is significant in the full model. A possible interpre-
tation of these patterns is that Head Start is viewed by parents as
a preschool of last resort, leading to enrollment by the families
most desperate to get help with child care. Such households
cannot be selective about whether the local Head Start center is
a good match for their child, which results in lower test score
gains. By contrast, households considering enrollment in substi-
tute preschools may have greater resources that afford them the
luxury of beingmore selective about whether such programs are a
good match for their child.

Estimates of the control function coefficients are very similar
in columns (3) and (4), though the estimates are less precise when
only site group interactions are used. This indicates that the im-
plied nature of selection is the same regardless of whether iden-
tification is based on site or covariate interactions, lending
credibility to our assumption that selection works the same way
across subgroups. Also supporting this assumption are the re-
sults of score tests for the additive separability of control func-
tions and covariates, reported in the bottom row of Table VII.
These tests are conducted by regressing residuals from the two-
step models on interactions of the control functions with covari-
ates and site groups, along with the main effects from equation
(15). In all specifications, we fail to reject additive separability at
conventional levels (see Online Appendix F for some additional
goodness-of-fit tests). Although these tests do not have the power
to detect all forms of nonseparability, the correspondence be-
tween estimates based on covariate and site variation suggests
that our key identifying assumption is reasonable.

VIII.B. Treatment Effects

Table VIII reports average treatment effects on compliers for
each of our selection-corrected models. The first row uses the
model parameters to compute the pooled LATEh, which is non-
parametrically identified by the experiment. Themodel estimates
line up closely with the nonparametric estimate obtained via IV.
Online Appendix Figure A.III shows that this close correspon-
dence between model and nonparametric LATEh holds even
across covariate groups with very different average treatment
effects. The remaining rows of Table VIII report estimates of av-
erage effects for compliers relative to specific care alternatives
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(i.e., subLATEs).18 Estimates of the subLATE for n-compliers,
LATEnh, are stable across specifications and indicate that the
impact of moving from home care to Head Start is large—on the
order of 0.37 standard deviations. By contrast, estimates of
LATEch, though more variable across specifications, never differ
significantly from zero.

Our estimates of LATEnh are somewhat smaller than the
average treatment effects of Head Start relative to home care
displayed in Table VII. This is a consequence of the reverse Roy
pattern captured by the control function coefficients: families
willing to switch from home care to Head Start in response to
an offer have stronger than average tastes for Head Start, imply-
ing smaller than average gains. We can reject that predicted

TABLE VIII

TREATMENT EFFECTS FOR SUBPOPULATIONS

Control function

(1) (2) (3) (4)
Parameter IV Covariates Sites Full model

LATEh 0.247 0.261 0.190 0.214
(0.031) (0.032) (0.076) (0.042)

LATEnh 0.386 0.341 0.370
(0.143) (0.219) (0.088)

LATEch 0.023 �0.122 �0.093
(0.251) (0.469) (0.154)

Lowest predicted
quintile:
LATEh 0.095 0.114 0.027

(0.061) (0.112) (0.067)
LATEh with fixed Sc 0.125 0.125 0.130

(0.060) (0.434) (0.119)
Highest predicted
quintile:
LATEh 0.402 0.249 0.472

(0.042) (0.173) (0.079)
LATEh with fixed Sc 0.364 0.289 0.350

(0.056) (1.049) (0.126)

Notes. This table reports estimates of treatment effects for subpopulations. Column (1) reports an IV
estimate of the effect of Head Start. Columns (2)–(4) show estimates of treatment effects computed from
the control function models displayed in Table VII. The bottom rows show effects in the lowest and highest
quintiles of model-predicted LATE. Rows with fixed c-complier shares weight subLATEs using the full-
sample estimate of this share (0.34). Standard errors are bootstrapped and clustered at the center level.

18. We compute the subLATEs by integrating over the relevant regions of Xi,
vih, and vic as described in Online Appendix F.
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effects of moving from home care to Head Start are equal for n-
compliers and n-never takers, implying that this pattern is sta-
tistically significant (p = .038). Likewise, LATEhc is slightly neg-
ative, whereas the average treatment effect of Head Start relative
to other preschools is positive (0.47 � 0.11). In other words,
switching from c to h reduces test scores for c-compliers but
would improve the score of an average student. This reflects a
combination of above average tastes for competing preschools
among c-compliers and positive selection on gains into other pre-
schools. Note that the control function coefficients in Table VII
capture selection conditional on covariates and sites, while the
treatment effects in Table VIII average over the distribution of
observables for each subgroup. The subLATE estimates show
that the selection patterns discussed here still hold when varia-
tion in effects across covariate and site groups is taken into
account.

Another interesting point of comparison is to the 2SLS esti-
mates of Table V. The 2SLS approach found a somewhat smaller
LATEnh than our two-step estimator. It also found that Head
Start preschools were slightly more effective at raising test
scores than were competing programs (LATEch > 0), whereas
our full control function estimates suggest the opposite.
Importantly, the control function estimates corroborate the
failed overidentification tests of Table V by detecting substantial
heterogeneity in the underlying subLATEs. This can be seen in
the last four rows of Table VIII, which report estimates for the top
and bottom quintiles of the model-predicted distribution of
LATEh (see Online Appendix F for details). Fixing each group’s
Sc at the population average brings estimates for the top and
bottom quintiles closer together, but a large gap remains due to
subLATE heterogeneity.

Finally, it is worth comparing our findings with those of
Feller et al. (forthcoming), who use the principal stratification
framework of Frangakis and Rubin (2002) to estimate effects on
n- and c-compliers in the HSIS. They also find large effects for
compliers drawn from home and negligible effects for compliers
drawn from other preschools, though their point estimate of
LATEnh is somewhat smaller than ours (0.21 versus 0.37). This
difference reflects a combination of different test score outcomes
(Feller et al. look only at PPVT scores) and different modeling
assumptions. Since neither estimation approach nests the
other, it is reassuring that we find qualitatively similar results.
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IX. Policy Counterfactuals

We now use our model estimates to consider policy counter-
factuals that are not nonparametrically identified by the HSIS
experiment.

IX.A. Rationed Substitutes

In the cost-benefit analysis of Section VI, we assumed that
seats at competing preschools were not rationed. Although this
assumption is reasonable in states with universal preschool man-
dates, other areas may have preschool programs that face rela-
tively fixed budgets and offer any vacated seats to new children.
In this case, increases in Head Start enrollment will create op-
portunities for new children to attend substitute preschools
rather than generating cost savings in these programs. Our
model-based estimates allow us to assess the sensitivity of our
cost-benefit results to the possibility of rationing in competing
programs.

From equation (9), the marginal value of public funds under
rationing depends on LATEnc—the average treatment effect of
competing preschools on ‘‘n- to c-compliers’’ who would move
from home care to a competing preschool program in response
to an offered seat. We compute the MVPF�;rat under three alter-
native assumptions regarding this parameter. First, we consider
the case where LATEnc = 0. Next, we consider the case where the
average test score effect of competing preschools for marginal
students equals the corresponding effect for Head Start compliers
drawn from home care (i.e., LATEnc = LATEnh). Finally, we use
our model to construct an estimate for LATEnc. Specifically, we
compute average treatment effects of competing preschools rela-
tive to home care for students who would be induced to move
along this margin by an increase in UiðcÞ equal to the utility
value of the Head Start offer coefficient.19 This calculation as-
sumes that the utility value households place on an offered seat

19. Ideally we would compute LATEnc for students who do not receive offers to
competing programs butwould attend these programs if offered. Becausewe do not
observe offers to substitute preschools, it is not possible to distinguish between
nonoffered children and childrenwho decline offers. Our estimate ofLATEnc there-
fore captures amix of effects for complierswhowould respond to offers and children
who currently decline offers but would be induced to attend competing programs if
these programs became more attractive.
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at a competing program is comparable to the value of a Head
Start offer.

Table IX shows the results of this analysis. Setting LATEnc =
0 yields an MVPF�;rat of 1.10. This replicates the naive analysis
with ’c ¼ 0 in the nonrationed analysis. Both of these cases
ignore costs and benefits due to substitution from competing pro-
grams. Assuming that LATEnc = LATEnh produces a benefit-cost
ratio of 2.36. Finally, our preferred model estimates from Section
VIII predict that LATEnc = 0.294, which produces a ratio of 2.02.
These results suggest that under plausible assumptions about
the effects of competing programs relative to home care, account-
ing for the benefits generated by vacated seats in these programs
yields estimated social returns larger than those displayed in
Table IV, Panel B.

IX.B. Structural Reforms

We next predict the social benefits of a reform that expands
Head Start bymaking it more attractive rather than by extending
offers to additional households. This reform is modeled as an im-
provement in the structural program feature f, as described in
Section V. Examples of such reforms might include increases in
transportation services, outreach efforts, or spending on other
services that make Head Start attractive to parents. Increases
in f are assumed to draw additional households into Head Start
but to have no effect on potential outcomes, which rules out peer
effects generated by changes in student composition. We use the
estimates from our preferred model to compute marginal treat-
ment effects andmarginal values of public funds for such reforms,
treating changes in f as shifts in the mean Head Start utility
 hðX;ZÞ.

Figure I, Panel A displays predicted effects of structural re-
forms on test scores. Since the program feature has no intrinsic
scale, the horizontal axis is scaled in terms of the Head Start
attendance rate, with a vertical line indicating the current rate
(f = 0). The right axis measures ~Sc—the share of marginal stu-
dents drawn from other preschools. The left axis measures test
score effects. The figure plots average treatment effects for sub-
groups of marginal students drawn from home care and other
preschools, along with MTEh, a weighted average of alterna-
tive-specific effects.
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A

B

FIGURE I

Effects of Structural Reforms

This figure plots predicted test score effects and marginal values of public
funds for various values of the program feature f, which shifts the utility of Head
Start attendance. Horizontal axes shows the Head Start attendance rate at each f,
and a vertical line indicates the HSIS attendance rate (f = 0). Panel A shows
marginal treatment effects and competing preschool compliance shares. The left
axis measures test score effects. MTEh is the average effect for marginal students,
and MTEnh and MTEch are effects for subgroups of marginal students drawn from
home care and other preschools. The right axis measures the share of marginal
students drawn from other preschools. The shaded region shows a 90% symmetric
bootstrap confidence interval for MTEh. Panel B shows predicted marginal values
of public funds for structural reforms, using the same parameter calibrations as
Table IV. P-values come from bootstrap tests of the hypothesis that the marginal
value of public funds is less than or equal to 1 at f = 0.
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Figure I shows that Head Start’s effects on marginal home
compliers increase modestly with enrollment and then level out
in the neighborhood of the current program scale (f = 0). This
pattern is driven by reverse Roy selection for children drawn
from home care: increases in f attract children with weaker
tastes for Head Start, leading to increases in effects for compliers
who would otherwise stay home. Predicted effects for children
drawn from other preschools are slightly negative for all values
of f. At the current program scale, the model predicts that the
share of marginal students drawn from other preschools is larger
for structural reforms than for an increase in the offer rate (0.44
versus 0.35). This implies that marginal compliers aremore likely
to be drawn from other preschools than are inframarginal com-
pliers. As a result, the value of MTEh is comparable to the exper-
imental LATEh, despite very large effects on marginal children
drawn from home care (roughly 0:5 standard deviations).

To investigate the consequences of this pattern for the social
return to Head Start, Panel B plotsMVPFf, the marginal value of
public funds for structural reforms. This figure relies on the same
parameter calibrations as Table IV. Calculations of MVPFf must
account for the fact that changes in structural program features
may increase the direct costs of the program. This effect is cap-
tured in equation (12) by the term �, which gives the elasticity of
the per child cost of Head Start with respect to the scale of the
program. Without specifying the program feature being manipu-
lated, there is no natural value for �. We start with the extreme
case where � = 0, which allows us to characterize costs and ben-
efits associated with reforms that draw in children on the margin
without changing the per capita cost of the program. We then
consider how the cost-benefit calculus changes when � > 0.

As in our basic cost-benefit analysis, the results in Figure I,
Panel B show that accounting for the public savings associated
with program substitution has an important effect on the mar-
ginal value of public funds. The short-dashed curve plots MVPFf

setting ’c ¼ 0. This calibration suggests a marginal value of
public funds slightly above 1 at the current program scale, similar
to the naive calibration in Table IV. The solid curve accounts for
public savings by setting ’c equal to our preferred value of 0:75’h.
This generates an upward shift and steepens the MVPFf sched-
ule, indicating that both marginal and average social returns in-
crease with program scale. The implied marginal value of public
funds at the current program scale (f = 0) is above 2. This is larger
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than the MVPF� of 1.84 reported in Table IV, which indicates the
social returns to marginal expansions that shift the composition
of compliers are greater than those for expansions that simply
raise the offer rate.

The final scenario in Panel B showsMVPFf when ’c ¼ 0:75’h
and � ¼ 0:5.20 This scenario implies sharply rising marginal costs
of Head Start provision: an increase in f that doubles enrollment
raises per capita costs by 50%. In this simulation the marginal
value of public funds is roughly equal to 1 when f = 0, and falls
below 1 for higher values. Hence, if � is at least 0.5, a $1 increase
in Head Start spending generated by structural reformwill result
in less than $1 transferred to Head Start applicants. This exercise
illustrates the quantitative importance of determining provision
costs when evaluating specific policy changes such as improve-
ments to transportation services or marketing.

Our analysis of structural reforms suggests increasing re-
turns to the expansion of Head Start in the neighborhood of the
current program scale—expansions will draw in households with
weaker tastes for preschool with above average potential gains.
These findings imply that structural reforms targeting children
who are currently unlikely to attendHead Start and children that
are likely to be drawn from nonparticipation will generate larger
effects than reforms that simply create more seats. Our results
also echo other recent studies finding increasing returns to early
childhood investments, though the mechanism generating in-
creasing returns in these studies is typically dynamic comple-
mentarity in human capital investments rather than selection
and effect heterogeneity (see, e.g., Cunha, Heckman, and
Schennach 2010).

X. Conclusion

Our analysis suggests that Head Start, in its current incar-
nation, passes a strict cost-benefit test predicated only on proj-
ected effects on adult earnings. It is reasonable to expect that this
conclusion would be strengthened by incorporating the value of
any impacts on crime (as in Lochner and Moretti 2004 and

20. For this case, marginal costs are obtained by solving the differential equa-
tion ’

0

hðf Þ ¼ �’ðf Þ qlnP Di¼hð Þ
qf

	 


with the initial condition ’hð0Þ ¼ 8;000. This yields the
solution ’hðf Þ ¼ 8;000exp � lnP Di ¼ hð Þ � lnP0ð Þð Þ where P0 is the initial Head
Start attendance rate.
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Heckman et al. 2010) or other externalities such as civic engage-
ment (Milligan, Moretti, and Oreopoulos 2004) or by incorporat-
ing the value to parents of subsidized care (as in Aaberge et al.
2010). We find evidence that Head Start generates especially
large benefits for children who would not otherwise attend pre-
school and for children with weak unobserved tastes for the pro-
gram. This suggests that the program’s rate of return can be
boosted by reforms that target new populations, though this ne-
cessitates the existence of a cost-effective technology for attract-
ing these children.

The finding that returns are on average greater for nonpar-
ticipants is potentially informative for the debate over calls for
universal preschool, which might reach high-return households.
However, it is important to note that if competing state-level pre-
school programs become ubiquitous, the rationale for expansions
to federal preschool programs could be undermined. To see this,
consider how the marginal value of expanding Head Start
changes as the compliance share Sc approaches 1, so that
nearly all denied Head Start applicants would otherwise enroll
in competing programs. If Head Start and competing programs
have equivalent effects on test scores, then equation (8) indicates
that we should decide between federal and state-level provision
based entirely on cost criteria. Since state programs are often
cheaper (CEA 2014) and are expanding rapidly, the case for fed-
eral preschool may actually be weaker now than at the time of the
HSIS.

It is important to note some other limitations to our analysis.
First, our cost-benefit calculations rely on literature estimates of
the link between test score effects and earnings gains. These cal-
culations are necessarily speculative, as the only way to be sure of
Head Start’s long-run effects is to directly measure long-run out-
comes for HSIS participants. Second, we have ignored the possi-
bility that substantial changes to program features or scale could,
in equilibrium, change the education production technology. For
example, implementing recent proposals for universal preschool
could generate a shortage of qualified teachers (Rothstein 2015).
Finally, we have ignored the possibility that administrative pro-
gram costs might change with program scale, choosing instead to
equate average with marginal provision costs.

Despite these caveats, our analysis has shown that account-
ing for program substitution in the HSIS experiment is crucial for
an assessment of the Head Start program’s costs and benefits.
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Similar issues arise in the evaluation of job training programs
(Heckman et al. 2000), health insurance (Finkelstein et al.
2012), and housing subsidies (Kling, Liebman, and Katz 2007;
Jacob and Ludwig 2012). The tools developed here are potentially
applicable to a wide variety of evaluation settings where data on
enrollment in competing programs are available.

Supplementary Material

An Online Appendix for this article can be found at QJE
online (qje.oxfordjournals.org).

University of California, Berkeley, and National

Bureau of Economic Research

University of California, Berkeley, and National

Bureau of Economic Research

References

Aaberge, Rolf, Manudeep Bhuller, Audun Langørgen, and Magne Mogstad, ‘‘The
Distributional Impact of Public Services When Needs Differ,’’ Journal of
Public Economics, 94 (2010), 549–562.
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